The pair {E, < .,. > } is called a pre pre--Hilbert A Hilbert A--module module. The map < .,. > is said to be the A the A--valued inner valued inner product product. If the pre-Hilbert A-module {E, < .,. >} is complete with respect to the norm ||x|| = ||< x,x >|| ½ , then E is called to be Hilbert Hilbert. Banach-Saks Properties of C*-Algebras and Hilbert C*-Modules
18.06.2008/4
E is called to be Hilbert Hilbert. (I. Kaplansky, 1953 , M. A. Rieffel, W. L. Paschke, 1973 For A=C C we get Hilbert spaces, but far not all properties and structures of Hilbert spaces generalize to Hilbert C*-modules.
The set End A (E) of all bounded module operators T on E forms a Banach algebra, whereas the set End A *(E) of all bounded module operators which possess an adjoint operator inside End A (E) has the structure of a unital C*-algebra. Note that these two sets do not coincide in general. Banach-Saks Properties of C*-Algebras and Hilbert C*-Modules 18. 06.2008/5 Note that these two sets do not coincide in general.
The set K A (E) of ''compact'' operators ''compact'' operators on E is defined as the norm-closure of the set of all finite linear combinations of the specific operators { q x,y in End A (E) : x,y in E, q x,y (z) := < z,x >y for every z in E}.
Operator C*-Algebras
It is a C*-subalgebra and a two-sided ideal of End A *(E), and End A *(E) can be identified with the multiplier algebra of K A (E). 
Second Motivation
In the theory of Hilbert C*-modules there is an outstanding class of C*-algebras and of Hilbert C*-modules over them -the class of dual C*-algebras.
Michael Frank HTWK-Leipzig, 2008
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A C*-algebra A is said to be a dual C* dual C*--algebra algebra if there exists a faithful *-representation of A in a C*-algebra K(H) of all compact operators over some Hilbert space H.
Motivation
A C*-algebra is a dual C*-algebra if and only if one of the following equivalent conditions hold:
For every Hilbert A-module E every Hilbert A- The following proposition has been proved by M. Kusuda for the unital case, [Kusuda, 2007, Thm. 3 .6]:
Proposition:
Let A be a (non-unital, in general) C*-algebra and E be a full Hilbert A-module. Suppose, that E has the Banach-Saks property. Then A has to be finite-dimensional as a linear Banach-Saks Properties of C*-Algebras and Hilbert C*-Modules
18.06.2008/16
Then A has to be finite-dimensional as a linear space, i.e. A is a unital matrix algebra. In other words, if a full Hilbert A-module has the Banach-Saks property, then the C*-algebra of coefficients A has to be finite-dimensional. Any Hilbert A-module E over a C*-algebra A with Banach-Saks property has this property, too.
If for any given weakly null sequence { x n } n of a Banach space E, one can extract a subsequence { x n(k) } k such that the derived from it sequence of partial arithmetic means converges in norm to zero, i.e. Weak Banach-Saks Property
Theorem:
Let A and B be two strongly Morita equivalent C*-algebras and E be an A-B imprimitivity bimodule.
The following three conditions are equivalent: • A has the weak Banach-Saks property. Banach-Saks Properties of C*-Algebras and Hilbert C*-Modules 18. 06.2008/19 • A has the weak Banach-Saks property.
• B has the weak Banach-Saks property.
• E has the weak Banach-Saks property.
• L has the weak Banach-Saks property.
Weak Banach-Saks Property
The key role is played by dual C*-algebras, i.e. by C*-algebras that admit a faithful *-representation in some< C*-algebra that for full Hilbert C*-modules over unital C*-algebras both these properties are equivalent. Moreover, for full Hilbert C*-modules over C*-algebras with weak Banach-Saks property again both these properties hold at the same time, cf.
[ 
Uniform Weak B-S Property

Theorem:
Let A and B be two strongly Morita equivalent C*-algebras and E be an A-B imprimitivity bimodule. The following three conditions are equivalent: • A has the uniform weak Banach-Saks property.
• B has the uniform weak Banach-Saks property. Banach-Saks Properties of C*-Algebras and Hilbert C*-Modules 18. 06.2008/23 • B has the uniform weak Banach-Saks property.
• E has the uniform weak Banach-Saks property.
• L has the uniform weak Banach-Saks property.
In particular, conditions (i)-(iv) hold in case either A or B or E or L have the weak Banach-Saks property. Conversely, either of conditions (i)-(iv) implies A, B, E and L to have the weak Banach-Saks property.
